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Provedeme substituci u = 2% + 7 (du = 2zdx):

[hte
2u+\/ﬁx

Nyni provedeme substituci v = /u (dv = ﬁ)

v 1
/02+Udv—/v+1dv

1
/v+1dvzlog]v+1+c

Zpétnymi substitucemi dostdvame:

Toto je zndmy integral:

log(vu+1) +c=log(Va2+7) +c
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Nejprve si upravime citatele:

sinz  cosx cos? z + sin® x 1

tg x + cotg x = + — = : = :
cosz sinx coszsinx cosTsinx

Jmenovatele pfevedeme na:
sin® z — cos® x = cos 2z

Potom integral bude vypadat:

1 2
/ (tgx—i—cotg l')zdx:/ (cosmsinm) dl‘:4/ L dzr
sin?x — cos? x cos 2x (sin(2x))? cos(2x)

Dalsi tpravou ziskavame:

cos 2x

1
4 dr =4 d
/ (sin(2x))? cos(2x) ’ / sin? 22(1 — sin? 2) v

Provedeme substituci v = sin(2x) (du = 2 cos(2x)dz):

cos 2z 1 1
4 dr=2 | ——5du=-2 | ———d
/ sin? 22(1 — sin? 2z) * / u?(1 —u?) “ / uZ(u? —1) “




Prevedeme na parcialni zlomky:

1 1 1 1
) _— _du=-2 [ —— — d
/u2(u2— s / 2 2wt Tom-n™

To muzeme prepsat jako:

A zintegrujeme:
2
. +log|u+ 1] +loglu — 1|+ ¢

A resubstituujeme:

2
——+log|u+ 1| +loglu— 1]+ c= + log | sin(2z) + 1| + log | sin(2z) — 1| + ¢
u

sin(2z)
T € (—%,0)
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Provedeme substituci u = e* (du = e*dx):

1 1
——dr = | ——=d
/\/ez—i—lx /u\/u—klu
Provedeme substituci v = u + 1 (dv = du):

1

Provedeme substituci w = /v (dw = ﬁdv):

1 1 1
. =2 ———dw=-2
/(v—1)¢5d“ /w2—1d“’ /1—w2dw

Coz je integral hyperbolického arctangentu:

1
—2/ a2 dw = —2 arctgh(w) + ¢

Resubstituujeme:

—2 arctgh(w) + ¢ = —2 arctgh(y/v) + ¢ = —2 arctgh(vu + 1) + ¢ = —2 arctgh(ve* + 1) + ¢

zeR



